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Abstract— Underwater vehicle-manipulator (UVM) system be-
comes popular for various applications although it has complexity in
control and analysis when compared to the vehicle itself. To resolve
the complexity, firstly, thorough kinematic and dynamic analysis on
the whole UVM system is performed. Then, the whole dynamics is
divided into several meaningful terms. A robust coordinated motion
control algorithm for autonomous UVM systems is considered next
based on the analysis of divided dynamics. Since the vehicle has rela-
tively smaller bandwidth than manipulators, active damping control
with two-time scale approach for the manipulator is proposed. Using
this algorithm, the manipulator controller can cover the vehicle state.
The performance of the proposed algorithm is verified by computer
simulations.

I. INTRODUCTION

In recent years, the need for exploration and preservation
of oceanic environments has gained significant momentum, and
there has been increased activity using a robot manipulators for
some special tasks. However, adding a manipulator to the vehicle
produces new and more complex problems. There are many
researchers to solve problems in the UVM systems. The main
control difficulties stem from the dynamics, for example, highly
coupling model, system nonlinearities, and external unmodeled
disturbances acting on the vehicle dynamics. Another control
difficulties are that the system has different characteristics, that
is, the vehicle has lower bandwidth than the manipulator. These
difficulties can be theoretically tackled if we have thorough
analysis of dynamic model of the complex UVM system.

The interaction between two subsystems makes control dif-
ficult. To resolve this problem, we may use the whole system
dynamics at once by unified system approach, but it results in
complexity of modeling. And also, the different characteristics,
as mentioned above, can be hardly included in the whole control
system. Hence, decentralized controller was proposed for those
kinds of composite dynamic systems. However, in this case,
interaction disturbances have to be considered carefully based
on system characteristics. Previous researchers only concentrated
on the dynamic equation which is mainly taking care of vehicle
motion [1] by lack of considering end-effector motion. And,
they derived recursive formulation [2], which is not suitable
to obtain the decoupled system modeling and control. So, we
analyze in detail kinematics and dynamics of whole system using
already derived equations of each subsystems, which help to
easily construct motions of equation for decoupled controller.

Additionally, UVM system is a kinematically redundant sys-
tem, that is, it has more degrees-of-freedom(DOF) in the joint-
space that are required to execute a task specified in the Cartesian
space. This is because the AUV/ROV itself has six DOF, and
any additional DOF that comes from the manipulator will make
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Fig. 1. Schematic diagram of UVM system

the combined system redundant. Therefore, the position change
of the end-effector due to the vehicle movement can be com-
pensated by the manipulator. Using the redundancy, the passive
vehicle approach, which means we do not control directly the
vehicle system with vehicle actuator, is useful, because a vehicle
is a relatively smaller bandwidth system than a manipulator [3].

Therefore, in this paper, active damping control with two-time
scale approach for the manipulator is proposed with passive
vehicle. The manipulator controller can deal with the vehicle
state additionally by means of active damping controller for
the vehicle. Consequently, using different time scale controller
acting on the manipulator, we can control the whole system
simultaneously. In other words, fast time scale controller is used
for the manipulator and slow time scale controller for the vehicle.

The modeling of UVM systems will be described in the
sense of kinematics and dynamics in section II. We propose two-
time scale controller in section III in the operational space for
robust control of the end-effector under the interaction between
the vehicle and the manipulator. Finally, the performance of
proposed system will be shown by simulation and conclusion
follows.

II. MODELING OF UVM SYSTEMS

Fig. 1 illustrates the coordinates of the UUV(Unmanned Un-
derwater Vehicle) and n-link manipulator. The 0-th frame, Σ0,
is the reference frame located at the manipulator base, and each
i-th frame are located at the i-th link along the D-H coordinate
rule. ΣB and ΣI denote the vehicle body-fixed and the earth-
fixed reference frame, respectively. In the earth-fixed frame, XI

directs North and ZI is chosen as the gravity direction. The
earth-fixed frame can be regarded as the inertial frame.
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Fig. 2. Moving coordinate system representation of UVM system

The position and orientation of the vehicle, η, are described
relative to the inertial reference frame, while the linear and
angular velocities of the vehicle, ν, can be expressed in the
body-fixed frame.

The state vectors for the vehicle are described as following:

η = [ηT
1 , ηT

2 ]T ; η1 = [x, y, z]T ; η2 = [φ, θ, ψ]T ;
ν = [νT

1 , νT
2 ]T ; ν1 = [vx, vy, vz]

T ; ν2 = [ωx, ωy, ωy]T ;

The inertial and body-fixed velocity relation can be represented
with vehicle Jacobian matrix [4, 5].[

η̇1

η̇2

]
=

[
Jv1(η2) 0

0 Jv2(η2)

] [
ν1

ν2

]
⇐⇒ η̇ = J v(η)ν. (1)

For n-link manipulator, the joint position state vector is
defined by q, and the position and orientation of the end-effector,
pe, can be described relative to the inertial reference frame, while
the local position and orientation of the end-effector, p, can be
expressed in the vehicle body-fixed frame.

The state vectors of the manipulator are described as follow-
ing:

q = [q1, q2, · · · , qn]T ;

p = [pT
1 , pT

2 ]T ; p1 = [xl, yl, zl]
T ; p2 = [φl, θl, ψl]

T ;
pe = [pe1, pe2]

T ; pe1 = [xe, ye, ze]
T ; pe2 = [φe, θe, ψe]

T ;

The local velocity of end-effector relation with joint velocity is
expressed by usual manipulator Jacobian and rotation matrix.[
ṗ1

ṗ2

]
=

[
BR0Jm1(q)
BR0Jm2(q)

]
q̇ =

[
Jm1

′(q)
Jm2

′(q)

]
q̇ ⇐⇒ ṗ = Jm

′(q)q̇,

(2)
where the Jm1 and Jm2 represent the position and orientation
Jacobian matrix from manipulator base frame to end-effector,
respectively. BR0 means the transformation matrix from the
vehicle body fixed coordinate to the manipulator base coordinate.
If the two coordinates coincides, BR0 = I , and Jm

′ is the
manipulator Jacobian itself.

A. UVM Systems Kinematics

To find the overall velocity relation, we used the moving
coordinate system relation as shown in Fig. 2. Then the end-
effector velocity relative to the inertial frame has below relations:

ṗe =

[
ve

ωe

]
=

[
η̇1 + (ṗ1)I + η̇2 × (p1)I

η̇2 + (ṗ2)I

]

=

[
η̇1 + η̇2 × (p1)I

η̇2

]
︸ ︷︷ ︸

velocity induced by vehicle

+

[
(ṗ1)I

(ṗ2)I

]
,

︸ ︷︷ ︸
velocity induced by manipulator

(3)

where (·)I means the vector with respect to the inertial frame.
The cross product term in the linear velocity induced by vehicle
is expressed as:

η̇2 × (p1)I = −S((p1)I)η̇2 = −S(Jv1p1)η̇2, (4)

where S(·) is skew-symmetric matrix defined such that a×b �
S(a)b. Then, the velocity induced by vehicle can be rewritten
as following:[

η̇1 − S(Jv1p1)η̇2

η̇2

]

=

[
I −S(Jv1p1)
0 I

] [
η̇1

η̇2

]
=

[
I −S(Jv1p1)
0 I

]
Jv

[
ν1

ν2

]

=Jv

[
I −Jv1

T S(Jv1p1)Jv2

0 I

] [
ν1

ν2

]
� JvJ1ν.

(5)

The velocity induced by manipulator can be also rewritten with
the same manner:[

(ṗ1)I

(ṗ2)I

]
=

[
Jv1ṗ1

Jv2ṗ2

]
=

[
Jv1Jm1

′

Jv2Jm2
′

]
q̇ = JvJm

′q̇. (6)

Finally, we can obtain the end-effector velocity as below:

ṗe = Jv(η)
[
J1(η, q) Jm

′(q)
] [

ν
q̇

]
. (7)

For the decentralized system control, we need both vehicle
and end-effector velocity relations:[

η̇
ṗe

]
= J(η, q)

[
ν
q̇

]
, (8)

where

J(η, q) �
[
Jv(η) 0

0 Jv(η)

] [
I 0

J1(η, q) Jm
′(q)

]
,

J1(η, q) �
[
I −Jv1

T S(Jv1p1)Jv2

0 I

]
.

And, the Jacobian inverse has the form

J#(η, q) =[
I 0

−Jm
′#(q)J1(η, q) Jm

′#(q)

] [
Jv

−1(η) 0
0 Jv

−1(η)

]
,

(9)

where Jm
′#(q) is Moore-Penrose pseudo-inverse of Jm

′. The
form of Jm

′#(q) is dependant on whether the manipulator is
redundant or non-redundant.

B. UVM Systems Dynamics

To control dynamic system properly, we need to understand
its dynamics clearly. The UVM system is generally a highly
coupled and complicated system, the dynamic formulation itself
is not an easy work. For the moving base system which is
not fixed in an inertial frame, it is not convenient to derive
the dynamic formulation using the Lagrangian in terms of the
velocities expressed in a body-fixed frame. In UVM systems,
the sensor information and actuator forces are exerted on body-
fixed frame, so it is more natural to write up the dynamics
using body-fixed velocities. To supplement this, we used quasi-
Lagrange approach [6] and partitioned dynamic equations. The
quasi-Lagrange method can give the equations of motion in terms
of the body-fixed velocities. And, for the decentralized control of
the vehicle and manipulator, the partitioned submatrices of dy-
namic terms are absolutely needed to design the controller. Using



this partitioned dynamics, we can easily deal with the coupling
effect between two subsystems. Moreover, it is possible to use
the already derived dynamic equations for each subsystems.

The hydrodynamic forces and moments of vehicle and ma-
nipulator have been used from previous works [7] and omitted
here.

1) Quasi-Lagrange System:For the underwater vehicle, Fos-
sen [4] derived the dynamics using quasi-velocities. Meirovitch
and Sarkar [1,8] also derived the dynamics for the hybrid system
which is composed of both quasi-velocities and generalized-
velocities.

The quasi-Lagrangian is defined as

L = L[δ, µ], (10)

where δ = [ηT , qT ]T and µ = [νT , q̇T ]T . Then, we obtain
differential equation as

d

dt

(
∂L

∂µ

)
+ A

∂L

∂µ
− BT ∂L

∂δ
= τ , (11)

where

A =


S(ν2) 0 0

S(ν1) S(ν2) 0
0 0 0


 , B =


Jv1(η2) 0 0

0 Jv2(η2) 0
0 0 I


 ,

and τ = BT Q.
Next, we wish to develop an expression for the partitioned

dynamics. In Eq. (11), A ∂L
∂µ has another expression as:

A
∂L

∂µ
=




0 −S( ∂L
∂ν1

) 0

−S( ∂L
∂ν1

) −S( ∂L
∂ν2

) 0

0 0 0


 µ � A′µ. (12)

For convenience, rigid body kinetic energy is firstly consid-
ered. Then, L = T and T is given as

T =
1

2
µT Mµ, (13)

where M is the inertia matrix of UVM system:

M =


M 11 M 12 M 13

M 21 M 22 M 23

M 31 M 32 M 33


 , (14)

and then

T =
1

2
( νT

1 M 11ν1 + νT
1 M 12ν2 + νT

1 M 13q̇

+ νT
2 M 21ν1 + νT

2 M 22ν2 + νT
2 M 23q̇

+ q̇T M 31ν1 + q̇T M 32ν2 + q̇T M 33q̇ ).

(15)

Eq. (14) is expressed as the partitioned submatrices which are
related to ν1, ν2, and q̇, respectively. The inertia matrix has
symmetric property due to the action and the reaction principle,
and positive definite(M > 0). M 33 represent the manipulator
inertia matrix itself(M m), because the lower part of the inertia
matrix does not affect the upper part of the inertia matrix. And,
Eq. (11) can be rewritten as

Mµ̇ + C(q, µ)µ = τ . (16)

Now, we have to find the Coriolis and Centripetal Matrix.

Theorem 1 : Coriolis and Centripetal Matrix from Inertia Matrix
If the inertia matrix is given as Eq. (14), then we can always

parameterize the Coriolis and centripetal matrix such that Ṁ −
(C + CT ) = 0 by defining:

C =


C11 C12 C13

C21 C22 C23

C31 C32 C33


 =

[
Γ1 Γ2 Γ3

]
, (17)

where

Γ1 =




0

−S( ∂L
∂ν1

)

Ṁ 31 −
⌊

∂M 31
∂q q̇

⌋

 ,

Γ2 =




Ṁ 12 − S( ∂L
∂ν1

)
1
2
Ṁ 22 − S( ∂L

∂ν2
)

Ṁ 32 −
⌊

∂M 32
∂q q̇

⌋
−

⌊
∂M 12

∂q ν1

⌋
− 1

2

⌊
∂M 22

∂q ν2

⌋

 ,

Γ3 =




⌊
∂M 13

∂q q̇
⌋

⌊
∂M 23

∂q q̇
⌋

+
⌊

∂M 21
∂q ν1

⌋
+ 1

2

⌊
∂M 22

∂q ν2

⌋
Cm(q, q̇)


 .

Here, Cm(q, q̇) is Coriolis and Centripetal matrix for the
manipulator, which already satisfies Ṁ m − (Cm + CT

m) = 0

and Cmq̇ = 1
2
Ṁ mq̇. And, the symbol,

⌊
∂A
∂q a

⌋
, means

⌊
∂A

∂q
a

⌋
ij

= Σn
k

∂Akj

∂qi
ak, n is dimension of vector a.

�
The proof of Theorem 1 is omitted here.
The added mass(inertia) and added Coriolis and Centripetal

forces can be dealt similarly. The gravitational forces and buoy-
ancy are also added by energy relations as L = T + V , and,
the drag forces can be considered with iterative Newton-Euler
method. The details are omitted here.

2) Partitioned Dynamics:Now, the whole UVM system equa-
tions of motion will be derived, and then divided into several
meaningful terms.

Similar to several other researches, it is clear that the whole
system equations of motion can be written as the following
equations:

M (q)µ̇ + C(q, µ)µ + D(q, µ)µ + g(η, q) = τ , (18)

where

M (q) =

[
M 11(q) M 12(q)
M 21(q) M 22(q)

]
, (19)

C(q, µ) =

[
C11(q, µ) C12(q, µ)
C21(q, µ) C22(q, µ)

]
, (20)

D(q, µ) =

[
D11(q, µ) D12(q, µ)
D21(q, µ) D22(q, µ)

]
, (21)

g(q, η) =

[
g1(η, q)
g2(η, q)

]
, (22)

τ =

[
τ v

τ m

]
. (23)

Notice that the subscripts of matrices are different from those in
previous section.

For the advanced and systematic control, the equations have
to be divided by reasonable way. The vehicle and manipulator
dynamics and interaction dynamics will be considered.



The vehicle and manipulator dynamics with added dynamics
to the vehicle are shown as following:[
M v 0
0 0

]
µ̇ +

[
Cv(ν) 0

0 0

]
µ +

[
Dv(ν) 0

0 0

]
µ +

[
gv(η)

0

]

= τ 1,
(24)[

0 0
0 M m(q)

]
µ̇ +

[
0 0
0 Cm(q, q̇)

]
µ +

[
0 0
0 Dm(q, q̇)

]
µ

+

[
0

gm(η, q)

]
= τ 2.

(25)

The effect of added dynamics to the vehicle by manipulator
has to be considered. This dynamic effect can be introduced
as following:[

M s(q) 0
0 0

]
µ̇ +

[
Cs(q, ν) 0

0 0

]
µ +

[
Ds(q, ν) 0

0 0

]
µ

+

[
gs(η, q)

0

]
= τ 3.

(26)

In addition, the interaction dynamics between two subsystems
are expressed in the form:[

0 M 12(q)
M 12

T (q) 0

]
µ̇ +

[
0 C12(q, µ)

C21(q, µ) 0

]
µ

+

[
0 D12(q, µ)

D21(q, µ) 0

]
µ = τ 4,

(27)

where the inertia matrix is symmetric due to the characteristics of
Lagrangian system, and it can be easily proved. Finally, Eq. (18)
can be expressed as follows

τ = τ 1 + τ 2 + τ 3 + τ 4. (28)

Eqs. (19) – (22) can be rewritten by meaningful terms using the
above expression as:

M (q) =

[
M v + M s(q) M 12(q)

M 12
T (q) M m(q)

]
, (29)

C(q, µ) =

[
Cv(ν) + Cs(q, ν) C12(q, µ)

C21(q, µ) Cm(q, q̇)

]
, (30)

D(q, µ) =

[
Dv(ν) + Ds(q, ν) D12(q, µ)

D21(q, µ) Dm(q, q̇)

]
, (31)

g(q, η) =

[
gv(η) + gs(η, q)

gm(η, q)

]
. (32)

Since we already considered M (q), C(q, µ) and g(q, η) in the
previous subsections, only unknown terms is the drag force part.

When the vehicle has an initial velocity and acceleration, ν
and ν̇, then:

M m(q)q̈ + Cm(q, q̇)q̇ + Dm(q, q̇)q̇ + gm(η, q)+

M 12
T (q)ν̇ + C21(q, q̇, ν)ν + D21(q, q̇, ν)ν = τ m.

(33)

Eq. (33) gives D21(q, q̇, ν).
For the vehicle, the motion of manipulator will give interaction

effects. These forces and moments, σm = [σf
T , σn

T ]T , which
are derived from the last iteration of the manipulator of the
Newton-Euler method, can be calculated as:

σf = BR0
0f 0,

σn = BR0
0n0 + Bp0 × BR0

0f 0.
(34)

It can be categorized as follows:

M s(q)ν̇ + Cs(q, ν)ν + Ds(q, ν)ν + gs(η, q)+

M 12(q)q̈ + C12(q, µ)q̇ + D12(q, µ)q̇ =

[
σf

σn

]
.

(35)

From Eq. (35), we can fill up the last unknown terms, Ds(q, ν)
and D12(q, µ).

Finally, the equations of motion for total system in the earth-
fixed reference frame can be written in the form:

M I(q, η)ξ̈+cI(q, η, µ)+dI(q, η, µ)+gI(q, η) = τ I , (36)

where ξ = [ηT , pT
e ]T .

III. TWO-TIME SCALE CONTROL

In the underwater manipulation, the vehicle control is not
effective, because high frequency interaction disturbance by ma-
nipulator can not be completely compensated by small bandwidth
vehicle actuator. It may also cause large energy consumption.
Therefore, it is desirable that the vehicle remains a passive
system or just use a simple P-type controller. In this case, the
residual error of the end-effector induced by vehicle motion
should be compensated using redundancy.

We propose here an efficient control scheme for UVM system
considering the system characteristics, which is active damping
control with two-time scale approach in operational space. The
basic idea is to have passive vehicle or simple use of P-type
controller for vehicle and two-time scale controller for the
manipulator to control the total system. Detail derivation is
shown in the following section.

A. Partially Linearized Form

To control the whole UVM system as a decentralized system,
a partially linearized form is useful. The overall system can be
represented as[

M 11(q) M 12(q)
M 12

T (q) M 22(q)

] [
ν̇
q̈

]
+

[
h1(η, q, µ)
h2(η, q, µ)

]
=

[
τ v

τ m

]
, (37)

where the h1(η, q, µ) and h2(η, q, µ) are nonlinear functions
which contain the Coriolis and Centripetal, drag forces and total
buoyancy forces.

If the P-type vehicle controller in the operational space is
given as

τ v = −Jv
−1(η)Kvη, (38)

where Kv is the proportional gain matrix. For the passive vehicle
system, we just set the proportional gain matrix as 0.

Then, we can invoke ν̇ as:

ν̇ = −M 11
−1(q)

(
M 12(q)q̈ + h1(η, q, µ) + J v

−1(η)Kvη
)
.

(39)
Substituting Eq. (39) to Eq. (37), then

τ m = M ∗q̈ + h∗, (40)

where

M ∗ =M 22(q) − M 12
T (q)M 11

−1(q)M 12(q),

h∗ =h2(η, q, µ)

− M 12
T (q)M 11

−1(q){h1(η, q, µ) + J v
−1(η)Kvη}.

(41)

Then, for the manipulator controller, a feedback linearizing
control law is obtained as follows:

τ m = M ∗u + h∗, (42)
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where u ∈ �m is an additional control input to be specified
later. The substitution of Eq. (42) into Eq. (37) yields a partially
linearized system as follows:

M 11ν̇ + h1 + Jv
−1Kvη = −M 12u, (43)

q̈ = u. (44)

To implement this controller on a passive system, we also need
the controllability definition [9–11]. These will be discussed in
the following sections.

B. Controllability Condition

To ensure the manipulator control input to be able to control
the vehicle, we have to check the controllability condition for
the vehicle control input, −M 12(q)u. To deliever effective
acceleration to the passive vehicle from the active manipulator,
a strong inertial couplingbetween the joints is required [9].

rank(M 12(q)) = l for all q ∈ �n, (45)

where l is the dimension of vehicle state, η ∈ �l. Note that
strong inertial coupling requires n ≥ l, i.e., that the number of
manipulator degrees of freedom is at least as large as the number
of vehicle degrees of freedom.

Based on the above analysis, it is now possible to design a
two-time scale controller.

C. Two-time Scale Control

A composite (fast and slow time scale) controller is designed
based on the partially decoupled model Eqs. (43) and (44). Recall
that the control objective is to determine the control input u that
stabilizes both Eqn. (43) and (44). Define the control input, u,
to have two parts as shown in Fig. 3:

u = uslow + ufast. (46)

Using two-time scale theory, ufast and uslow are chosen in two
different time scales. It is intended that uslow affects mainly
on Eq. (43), slow vehicle motion and ufast mainly on Eq. (44),
fast decoupled manipulator dynamics. For ufast, a typical linear
tracking controller is proposed with high gains such that the
control bandwidth is much higher than the natural frequency of
the vehicle motion.

From Eqn. (8) and (9), we can obtain the manipulator joint
acceleration as following :

q̈ = Jm
′#[Jv

−1{p̈e − (J̇vJ1 + JvJ̇1)ν

− (J̇vJm
′ + JvJ̇m

′
)q̇} − J1ν̇].

(47)

Then, ufast can be chosen as

ufast = Jm
′#[Jv

−1{(p̈e)ref − (J̇vJ1 + JvJ̇1)ν

−(J̇vJm
′ + JvJ̇m

′
)q̇} − J1ν̇],

(48)

Fig. 4. ODIN in UH
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where

(p̈e)ref = (p̈e)d +KD((ṗe)d − ṗe)+KP ((pe)d −pe). (49)

KP and KD are proportional and derivative gain matrix, respec-
tively. Then, the closed loop error dynamics for the manipulator
in the operational space becomes

Jm
′#(q)Jv

−1(η){ëp + KDėp + KP ep} = −uslow, (50)

where ep is defined by the position error, (pe)d − pe. If uslow

changes slowly compared to the fast error dynamics, it can be
treated as more like a constant. Then the error dynamics of
Eq. (50) converge to be very small with positive definite matrices
KP and KD .

Now, the slow control input, uslow, is defined for the vehicle
in Eq. (43) as

uslow = M 12
#{M 11Jv

−1((η̈)ref + J̇vν) − h1}, (51)

where
(η̈)ref = Kdη̇. (52)

Only derivative feedback of the vehicle with gain Kd is added
to hold the vehicle velocity not increasing.

Then, after applying composite controller and let Jv
−1(η)Kv

as M 11(q)Jv
−1(η)Kp, Eq. (43) becomes

M 11(q)Jv
−1(η){ëη + Kdėη + Kpeη} = −M 12(q)ufast,

≈ −M 12(q)q̈ref .
(53)

It can be easily shown that the second line of Eq. (53) is bounded
since q̈ref is bounded. Therefore, as long as Kd and Kp are
chosen as a positive definite matrix, Eq. (53) remains stable.

IV. SIMULATION

Figure 5(a) shows the ODIN in the University of Hawaii.
Its symmetric structure enables us to easily get the dynamic
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Fig. 6. Simulation results 1 with u = ufast (KP = diag{200, 300}
and KD = diag{10, 20})
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Fig. 7. Simulation results 2 with u = ufast (KP = diag{400, 500}
and KD = diag{40, 50})

parameters with little modeling uncertainties. Now, we consider
the manipulator as shown in Fig. 5(a) attached to ODIN.

To show the performance of the proposed controller, firstly,
we consider only simple 2-D case. Then, there exist only surge,
heave and pitch motions in vehicle movement as Fig. 5(b). The
attached 3-DOF manipulator gives the strong inertial coupling
condition, if M 12 does not lose a rank. In the proposed system,
M 12 always has full rank except the case in which the manip-
ulator meets the kinematic singularity. Hence, it is important to
control precisely not to fall into kinematic singularities.

We performed simulation in two ways. At the first case, we
only used u = ufast, and at the second case, u = ufast +
uslow. Here, the fast and slow time scale are used as 1kHz and
10Hz, respectively.

Figure 6 and 7 show the simulation results with single time
scale, ufast only. Figure 7 shows unsatisfactory result using
higher gains than those of Fig. 6. From these results, it is recog-
nized that we can not increase the controller gain to reduce the
errors due to the interaction effect. The system will go unstable
if we keep increasing the gains. These results were caused by
the remaining vehicle dynamics as described in Eq. (43), which
is an interaction effect.

However, in Fig. 8 (u = ufast + uslow), the system error is
decreased up to 10 times than Fig 6. According to these results,
we can say that the proposed controller is very effective under
interaction disturbances.

V. CONCLUSIONS

In this paper, the kinematic and dynamic modeling for UVM
systems are analyzed thoroughly. It enables us to design decen-
tralized controller under the interaction between two subsystems.
Nextly, two-time scale controller is proposed for the passive
vehicle system based on the previous dynamic analysis. Using
different time scale controller, fast time scale controller is used
for the manipulator and slow time scale controller for the vehicle.
Simulation results show the excellent performance over simple
time scale controller.
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Fig. 8. Simulation results with u = ufast + uslow (KP =
diag{400, 500}, KD = diag{40, 50} and Kd = diag{20, 20, 40}
)
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